. Unperturbed, and electron-and hole-polaron structures of brookite, average Ti-O bond lengths, and deviations from the average bond lengths due to electron and hole formation calculated using PBE0. a Ti 1 is at the localized polaronic site and Ti 2 is away from the localized polaron. Ti 1 -O a is the bond length between the Ti ion and the axial oxygen atoms; similarly, Ti 1 -O eq is the bond length between the Ti ion and the equatorial oxygen atoms. The plus sign indicates elongation of the bond with respect to the unperturbed structure, while the minus sign indicates shortening of the bond from the unperturbed structure. Figure S1 . Fully delocalized (a) electron-and (b) hole-polaron structures of anatase. Color scheme: blue, titanium; red, oxygen; yellow, polaronic wavefunction at an isosurface value of 0.005 e/Bohr 3 . Figure S2 . Disordered fully localized (a) electron-and (b) hole-polaron structures of anatase at U = 10 eV. (c) Brookite hole-polaron structure at U = 8 (and 10) eV. Color scheme: blue, titanium; red, oxygen; yellow, polaronic wavefunction at an isosurface value of 0.003 e/Bohr 3 . 
